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In this paper, we propose a novel residual echo suppression
(RES) algorithm constructed in the acoustic echo canceller. In
the proposed approach, we introduce a statistical model to detect the signal components of the output signal and the state of
signal is classified into four distinct hypothesis depending on
the activity of near-end signal and residual echo. For hypothesis testing, the conventional likelihood ratio test is performed
to make an optimal decision. The parameters specified in terms
of the power spectral densities can be obtained by updating according to the hypothesis testing results and we can obtain the
optimal RES filter by adopting the estimated parameters. The
experimental results show that the proposed algorithm yields
improved performance compared to that of the previous RES
technique.
Index Terms: acoustic echo cancellation, residual echo suppression, post-filtering
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Figure 1: Block diagram of AEC system.

evaluated through echo return loss enhancement (ERLE) and
speech attenuation tests.

2. Signal detection based on a statistical
model
A block diagram of the conventional AEC is shown in Fig. 1
where x(t) represents the far-end signal at time t, h denotes
the impulse response of the real acoustic echo path and ĥ characterizes the corresponding echo path estimate provided by the
adaptive filtering algorithm. Let y(t) be the microphone signal
and e(t) be the AEC output signal which is to be transmitted to
the far-end. Then,

1. Introduction
In two-way telecommunication, acoustic echo makes a serious
conversation problem. To overcome this, acoustic echo cancellers (AEC’s) have been developed for a comfortable conversation by reducing the effect of acoustic echo. In many practical
applications, however, there still exists some amount of residual
echo at the output of AEC filter. The difficulties of AEC are
mainly due to the possible mismatch between the actual echo
path and the employed adaptive filter structure, slow tracking capability of the adaptation algorithm, the influences which disturb
the adaptive filter such as background noise, near-end speech and
variations of the acoustic environment. In order to further reduce
the residual echo, the residual echo suppression (RES) filter have
been applied to AEC. Various RES post-filtering techniques [1][3] have been developed to obtain sufficient echo attenuation.
In this paper, we propose a novel RES algorithm based on
a statistical model. In the proposed algorithm, the frequency
response of the RES filter is determined differently according to
the activity of near-end speech and residual echo. For this, all
the possible signal conditions are classified into four categories
depending on the presence or absence of the near-end speech and
the residual echo. Identification of each category can be treated
as a hypothesis testing problem and we apply a set of parametric
models to perform likelihood ratio test. All the parameters are
specified in terms of the power spectral densities (PSD’s) of the
relevant signals and their estimates are updated depending on the
decision made by the hypothesis testing [4]. The optimal RES
filter gain is given as a function of the signal-to-noise ratio (SNR)
and signal-to-echo ratio (SER) obtained in a decision-directed
method [5, 6]. The performance of the proposed algorithm is

y(t) = d(t) + s(t) + n(t)
ˆ
e(t) = (d(t) − d(t))
+ s(t) + n(t)
= b(t) + s(t) + n(t)

(1)
(2)

where d(t) is the echo signal, s(t) is the near-end signal, n(t) is
ˆ is the adaptive filter output.
the near-end ambient noise, and d(t)
In a practical implementation of the AEC, it is almost impossible
to make the residual echo signal b(t) completely suppressed due
to the inherent modeling mismatch and the lack of adaptability.
Therefore, the AEC output e(t) is usually further processed by
a RES post-filter.
RES is generally performed in the frequency domain. For
this, near-end signal, s(t), the ambient noise, n(t) and the residual echo b(t) in (2) are assumed to be stationary random processes. In addition, we also assume that all the signal components are statistically independent. Based on these assumptions,
we can derive the equivalent frequency domain relations as follows:
Ek (m) = Bk (m) + Sk (m) + Nk (m)
(3)
where Ek (m), Bk (m), Sk (m) and Nk (m) represent the frequency domain spectra of e(t), b(t), s(t) and n(t), respectively,
computed in the mth frame for kth frequency bin.
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Let ŝ(t) be the output of the RES post-filter and Ŝk (m) be
the corresponding spectrum in the mth frame. Then,

Since the spectral component in each frequency bin is assumed
to be statistically independent, (7) can be converted to

Ŝk (m) = Fk (m)Ek (m)

M

p(Hi )
p(Ek (m)|Hi )
k=1
p(Hi |E(m)) = 3 

M


p(Ek (m)|Hj )
p(Hj )

(4)

in which Fk (m) denotes the gain of the RES post-filter in the
mth frame for the kth frequency bin. Finally, ŝ(t) is obtained by
taking the inverse Fourier transform of Ŝk (m), and then transmitted to the far-end.
Let E(m) = [E1 (m), E2 (m), . . . , EM (m)] denote the
spectrum of the AEC output signal at the mth frame, with Ek (m)
being the kth spectral component. Given four hypothesis, H0 ,
H1 , H2 and H3 , depending on the presence or absence of the
active near-end and far-end signal components, it is assumed that
H0
H1
H2
H3

:
:
:
:

E(m)
E(m)
E(m)
E(m)

=
=
=
=

N(m)
N(m) + S(m)
N(m) + B(m)
N(m) + B(m) + S(m)

j=0

=

j=0

(8)

p(Ek (m)|Hj )
.
p(Ek (m)|Hi )

(9)

According to (6), the likelihood ratios, Λij (Ek (m)) can be written as follows:


γk (m)ξk (m)
1
Λ01 (Ek (m)) =
exp
1 + ξk (m)
1 + ξk (m)


ζk (m)
γk (m)ξk (m)
Λ02 (Ek (m)) =
exp
ξk (m) + ζk (m)
ξk (m) + ζk (m)
χ(m, ωk )
Λ03 (Ek (m)) =
ξ(m, ωk )(1 + χ(m, ωk ))


ψ(m, ωk )ξ(m, ωk )(1 + ζ(m, ωk ))
× exp
ζ(m, ωk )(1 + χ(m, ωk ))
(1 + ξk (m))ζk (m)
Λ12 (Ek (m)) =
ξk (m) + ζk (m)


γk (m)ξk (m)(1 − ζk (m))
× exp
(1 + ξk (m))(ξk (m) + ζk (m))
(1 + ξk (m))χk (m)
Λ13 (Ek (m)) =
ξk (m)(1 + χk (m))


ψk (m)ξk (m)
× exp
(1 + ξk (m))ζk (m)(1 + χk (m))


ψk (m)χk (m)
1
Λ23 (Ek (m)) =
exp
1 + χk (m)
1 + χk (m)



|Ek (m)|2
exp −
λn,k (m)
πλn,k (m)
1
p(Ek (m)|H1 ) =
π(λn,k (m) + λs,k (m))


|Ek (m)|2
· exp −
λn,k (m) + λs,k (m)
1
p(Ek (m)|H2 ) =
π(λn,k (m) + λb,k (m))


|Ek (m)|2
· exp −
λn,k (m) + λb,k (m)
1
p(Ek (m)|H3 ) =
π(λn,k (m) + λb,k (m) + λs,k (m))


|Ek (m)|2
· exp −
λn,k (m) + λb,k (m) + λs,k (m)
(6)

in which λn,k (m), λb,k (m) and λs,k (m) are the variances of
the noise, residual echo and near-end signal in the kth frequency
bin, respectively.
The problem of hypothesis testing in accordance with the
presence of the near-end signal and residual echo is the same as
the case considered in conventional noise suppression techniques
[5]. When we apply the technique proposed in [4] to the current task of classifying hypotheses, the statistical model-based
technique which computes the global state probabilities (GSP’s),
p(Hi |E(m)), i = 0, 1, 2, 3 is adopted. Applying Bayes rule, it
is easily derived that
p(E(m)|Hi )p(Hi )
p(Hi |E(m)) =
p(E(m))
p(E(m)|Hi )p(Hi )
.
= 3
j=0 p(E(m)|Hj )p(Hj )

1

M
p(Hj ) 
Λij (Ek (m))
p(Hi ) k=1

Λij (Ek (m)) =

(5)

1

for k = 1, 2, · · · , M



in which Λij (Ek (m)) is the likelihood ratio computed in the
kth frequency bin such that

where N(m) = [N1 (m), N2 (m), . . . , NM (m)], B(m) =
[B1 (m), B2 (m), . . . , BM (m)] and S(m) = [S1 (m), S2 (m),
. . . , SM (m)] represent the spectra of the ambient noise, the
residual echo and near-end signal, respectively. We also assume
that N(m), B(m) and S(m) are characterized by separate zeromean complex Gaussian distributions and consequently, the following is obtained:
p(Ek (m)|H0 ) =

3


k=1

Λij (Ek (m)) = 1 ,

if i = j

1
Λij (Ek (m)) =
,
Λji (Ek (m))

if i > j

(10)

where
ξk (m) ≡

λs,k (m)
λn,k (m)

|Ek (m)|2
λn,k (m)
λs,k (m)
ζk (m) ≡
λb,k (m)

γk (m) ≡

δk (m) ≡

|Ek (m)|2
.
λb,k (m)

(11)

In (11), ξk (m), γk (m), ζk (m) and δk (m) are referred to as the
a priori signal-to-noise ratio (SNR), a posteriori SNR, a priori
signal-to-echo ratio (SER) and a posteriori SER, respectively.

(7)

859

χk (m), ψk (m) can be defined as

the decision directed technique proposed in [5]. Given λ̂n,k (m)
and λ̂b,k (m), the decision directed approach updates the estimated a priori SNR, ξˆk (m) and and a priori SER, ζ̂k (m) in the
following way:

ξk (m)ζk (m)
ξk (m) + ζk (m)
γk (m)δk (m)
ψk (m) =
.
γk (m) + δk (m)
χk (m) =

ξˆk (m) = (1 − αξ )u(γ̂k (m) − 1)

(12)

+ αξ

Now, what remains is how to make a rule for hypothesis classification. Each GSP p(Hi |E(m)) is calculated in mth frame,
and the sum of all GSP’s equal to one. If p(Hi |E(m)) exceeds
other GSP’s, p(Hj |E(m)), j = i, decision is made in favor of
Hi . We can summarize the tests for detecting each condition as
follows:
H0
H1
H2
H3

:
:
:
:

p(H0 |E(m)) > p(Hj |E(m)),
p(H1 |E(m)) > p(Hj |E(m)),
p(H2 |E(m)) > p(Hj |E(m)),
p(H3 |E(m)) > p(Hj |E(m)),

∀j
∀j
∀j
∀j

= 0
= 1
= 2
= 3 .

λ̂n,k (m)

(17)

ζ̂k (m) = (1 − αζ )u(δ̂k (m) − 1)
+ αζ

|Fk (m − 1)Ek (m − 1)|2
λ̂b,k (m)

(18)

where u(·) is a unit step function, and Fk (m − 1) represents the
gain of the RES post-filter computed in the previous frame at kth
frequency bin. The estimated a posteriori SNR, γ̂k (m) and a
posteriori SER, δ̂k (m) can be obtained from the instantaneous
spectrum of the AEC filter output signal, Ek (m) such that

(13)

3. Noise and residual echo PSD estimation

γ̂k (m) =

A crucial part of the RES operation requires a robust estimation
of the PSD’s for the relevant signal components. In this section, we describe the procedures for estimating the PSD’s of the
background noise and residual echo. Let λ̂n,k (m) and λ̂b,k (m)
be the estimates for the PSD’s of the background noise and
residual echo, respectively. For robustness reasons, λ̂n,k (m)
should be updated only when H0 is decided to be true. Updating λ̂b,k (m) should be performed by considering the model of
the loudspeaker-enclosure-microphone (LEM) system [7]. In a
conventional LEM system, the residual echo spectrum is usually
given by the product of the far-end signal spectrum, Xk (m) with
the frequency response of the system mismatch HΔ,k (m) such
that
Bk (m) = Xk (m)HΔ,k (m)
(14)

δ̂k (m) =

|Ek (m)|2

(19)

λ̂n,k (m)
|Ek (m)|2
λ̂b,k (m)

.

(20)

The optimal gain, Fk (m) of the RES post-filter is described
in terms of ξˆk (m) and ζ̂k (m). It is noted that Fk (m) modifies
the magnitude of Ek (m) while retaining its phase. According
to the minimum mean squared error criterion, it can be derived
that
ξˆk (m)ζ̂k (m)
Fk (m) =
(21)
ˆ
ξk (m)ζ̂k (m) + ξˆk (m) + ζ̂k (m)
which is equivalent to the Wiener filtering solution [6].

where HΔ,k (m) = Hk (m) − Ĥk (m), i.e. the difference of
frequency response between the actual echo path, Hk (m) and
its estimate, Ĥk (m) [7]. By (14), a straightforward way to
estimate the PSD of the residual echo is given by
λ̂b,k (m) = λ̂x,k (m)|HΔ,k (m)|2

|Fk (m − 1)Ek (m − 1)|2

4. Experimental Results
In order to evaluate the performance of the proposed RES algorithm, we conducted computer simulations under various conditions. Twenty sentences were spoken by four speakers and
sampled at 16 kHz. For performance assessment, we artificially
created twenty data files such that each file was obtained by
mixing the far-end signal with the near-end signal. The far-end
speech was passed through a filter simulating the acoustic echo
path before being mixed. The echo level measured at input microphone was 3.7 dB lower than that of the input speech on
average. Two types of noise sources, the babble and vehicular
noises from the NOISEX-92 database were added to the clean
speech waveforms by varying SNR. To simulate the echo, the
LEM system was modeled by a time-invariant FIR filter derived
from an analysis of room acoustics. The simulation environment
was designed to fit a small office room of a size 4 × 3 × 3 m3 . In
order to estimate the echo, an adaptive filter with the number of
filter taps, L = 512, was used and the coefficients of the AEC filter were adapted by means of the normalized least mean square
(NLMS) algorithm with an adaptive step-size control strategy
[2].
The performance of the RES approach was measured in
terms of ERLE(t) which is defined by


E{y 2 (t)}
ERLE(t) = 10 log10
(dB)
(22)
E{ŝ2 (t)}

(15)

where λ̂x,k (m) is the PSD estimate of the far-end signal,
x(t). The squared magnitude response of the system mismatch,
|HΔ,k (m)|2 , can be updated by means of the decision directed
approach given as follows:
⎧
λ̂ (m) − λ̂n,k (m)
⎪
⎪
(1 − αh ) e,k
⎪
⎪
⎪
λ̂x,k (m)
⎪
⎪
⎪
⎨
+ αh |HΔ,k (m − 1)|2 ,
|HΔ,k (m)|2 =
⎪
⎪
⎪
if H2 is chosen in (m − 1)th frame
⎪
⎪
⎪
⎪
⎪
⎩
|HΔ,k (m − 1)|2 , otherwise
(16)
in which 0 < αh < 1 is an appropriate smoothing parameter,
and λ̂e,k (m) represents the PSD estimate of the AEC output,
e(t). Both λ̂x,k (m) and λ̂e,k (m) can be easily updated through
a first-order recursion with suitable smoothing parameters αx
and αe .
Once the estimates for the PSD’s of the background noise
and residual echo are obtained, the next step is to update the
ξk (m) and ζk (m). Among many possible approaches, we apply

with E{·} denoting expected value at time t and ERLE denotes
the corresponding value averaged over all time duration. For
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5. Conclusions

(a)

In this paper, we have presented a novel RES algorithm based
on a statistical model. The principal contribution of this work
is a systematic classification of the output signal state according
to the existence of activity near-end and residual-echo signals.
In order to test each hypothesis, a statistical approach resulting
in likelihood ratio tests has been adopted. The PSD estimates of
relevant signals are updated depending on the state decided by
hypothesis testing and the optimal gain of RES post-filter can
be found by adopting estimated parameters. The performance
of the proposed approach has been found superior to that of the
conventional technique through ERLE and speech attenuation
evaluation tests.

(b)

Figure 2: Performance of RES algorithms: (a) ERLE score and
(b) speech attenuation during double-talk.
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